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Abstract. This paper introduces a new cryptographic Internet voting
protocol, which offers individual verifiability and vote privacy even on
completely untrustworthy voting devices. The core idea is to minimize the
voting client to a simple device capable of scanning a QR code, sending its
content to the web server of the included URL, and displaying a response
message to the voter. Today, QR code scanners are pre-installed into
mobile devices, and users are familiar to using them for many different
purposes. By reducing the voting client to an existing functionality of the
voters’ personal device, the implementation of the protocol is simplified
significantly compared to other protocols. The protocol itself can be seen
as a variant of Chaum’s code voting scheme with an elegant solution
to the problem of distributing the trust to multiple authorities. The
approach is based on BLS signatures and verifiable mix-nets. It relies on
trustworthy printing and mailing services during the election setup.

1 Introduction

A major challenge in Internet voting is the untrusted voting client. Current
protocol proposals and implementations, for example the ones used in Switzer-
land, provide a mechanism for achieving cast-as-intended and recorded-as-cast
verifiability simultaneously by returning verification codes to the voter for each
submitted vote. Since the malicious voting client cannot predict these codes, ma-
nipulation attempts can be detected by the voter with high probability. However,
vote privacy remains an unsolved problem on the client, because from performing
the encryption of the submitted votes, the malicious voting client learns both
the selected voting options and the encryption randomization. The latter serves
as a receipt to prove the selected voting options to a third party. With respect to
vote privacy, such systems are therefore only secure under the strong assumption
of a fully trustworthy voting client.

In this paper, we introduce a fundamentally different Internet voting protocol,
which offers vote privacy even in the presence of a completely untrustworthy
voting client. The difference comes from minimizing the role assigned to the voting
client as far as possible, in such a way that it not even learns the selected voting
options. We only require the voting client of being capable of scanning a QR
code, sending its content to the web server of the included URL, and displaying a
response message to the voter. Since this is a pre-installed functionality of today’s
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mobile devices, and because users are familiar to scanning QR code from different
applications, we can almost entirely eliminate the complexity of designing and
implementing a reliable voting web client.

Our proposal is motivated by the current situation in Switzerland, where
legislation is very strict with respect to E2E-verifiability, but quite lax with
respect to the privacy problem on the voting client. We interpret this unbalanced
regulation as an unwanted compromise in the absence of a better solution. Our
paper aims at providing a compelling solution for solving this conflict. Another
motivation for our protocol is the usability study in [6], which showed that voters
are able to use code voting with QR codes in an E2E-verifiable system. The
paper ended with an invitation to the community for presenting corresponding
cryptographic protocols. This paper is a first response to the this invitation.

1.1 Election Model and Voting Procedure

If we take the Swiss context as a reference point for designing the protocol, we
cannot assume that voters possess any type of electronic credentials, which they
could possibly use for authentication when submitting the ballot. On the other
hand, we can assume that reliable printing and postal services are available for
sending such credentials to the voters prior to an election, possibly together with
other voting materials. We can also assume that with multiple simultaneous
mi-out-of-ni elections, all possible election uses cases can be covered adequately
(see discussion in [4, Section 2.2]). For reason of simplicity, we restrict ourselves
in this paper to a single m-out-of-n election, but our protocol is flexible enough
to support the general case with just a few additional steps.

From the voter’s perspective, the election procedure starts with receiving a
letter from the electoral office over postal mail. In an m-out-of-n election, this
letter includes n different voting cards, one for each voting option, and a single
confirmation card. Note that the optimal design of these cards is still an open
question [6], but for security reasons, it is important that not all elements printed
on these cards are visible at the same time. In the example shown in Figure 1, we
consider the case of a referendum (1-out-of-2 election) with two voting cards and
one confirmation card. The QR codes are printed on the back of these cards to
avoid making them visible together with the verification and participation codes.

Given these cards, the voting procedure is now relatively simple and efficient.
It only assumes that the voter is capable of scanning QR codes and sending the
scanned data to the included URL, for example using a mobile phone with a
working Internet connection. Then the voting procedure consists of five steps:

1. Select m voting cards (or less to submit blank votes).
2. Scan the voting QR codes on the back of each selected voting card.
3. Compare the displayed codes with the verification codes shown on the voting

cards (below the selected voting options).
4. If all codes match, scan the confirmation QR code on the back of the confir-

mation card.
5. Compare the displayed code with the participation code shown on the confir-

mation card.
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VOTING CARD #1823

YES
3D7A

Scan QR code on back and check verification code

Verification Code:

VOTING CARD #1823

NO
917B

Scan QR code on back and check verification code

Verification Code:

Scan QR code and check verification code on front Scan QR code and check verification code on front Scan QR code and check participation code on front

CONFIRMATION CARD #1823

Scan QR code on back and check participation code

1785-9383-6912
Participation Code:

Do you accept the tax law?Do you accept the tax law?

 C
H

23-03

 C
H

23-03

 C
H

23-03

 C
H

23-03

 C
H

23-03

 C
H

23-03
Do you accept the tax law?

Fig. 1: Example of voting and participation cards for a referendum with two
voting options "YES" and "NO". The front sides of the cards are shown on top
and the back sides at the bottom. The sizes of the QR codes are realistic.

For the verification codes to match in Step 3, the votes must have been cast
as intended with high probability, and for the participation code to match in
Step 5, the vote must have been confirmed as intended with high probability.
This mechanism for achieving cast-as-intended and recorded-as-cast verifiability
is exactly the same as in current approaches used in Switzerland [4,8], but in our
new protocol, the voting client learns nothing about the selected voting options.
Note that the general idea and the voting procedure in our approach are very
similar to Chaum’s code voting [3,7], but our new protocol requires much weaker
trust assumptions for generating the codes and performing the tally.

In case the verification codes do not match in Step 3 of the above procedure,
voters in Switzerland are instructed to submit the ballot on paper using the
existing traditional voting channels. We adopt this convention here to handle
such exceptional cases properly, i.e., without creating new security problems. In
case the participation code does not match in Step 5, vote confirmation can be
repeated—possibly on different devices—until the code matches. If the problem
persists, voters are instructed to report the problem to the electoral office.

In the referendum example of Figure 1, the voter simply selects one of the
two voting cards with ID i = 1823, let’s say the second one for voting option
"NO", scans the QR code on the back of the card using a mobile device, checks if
the verification code displayed on the device is "917B", scans the QR code on
the back of the confirmation card, and finally checks if the participation code
displayed on the device is "1785-9383-6912". Note that this procedure can be
completed very quickly, for a single referendum possibly within a few seconds.

1.2 Contribution and Overview

This paper presents a new cryptographic voting protocol, which primarily aims
at achieving vote privacy on untrustworthy voting clients. It has similarities to
existing approaches [5, 10], but it is quite unique in its elegant way of combining
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recent but well-established cryptographic primitives (BLS signatures, verifiable
mix-nets, zero-knowledge proofs) with modern but wide-spread and accepted
technologies (scanning of QR codes on mobile phones). Given this unique com-
bination, we can achieve an additional important security goal simultaneously
with improving the usability for the voters. Because security and usability are
usually in conflict with each other, this is quite remarkable.

By limiting the responsibility of the voting client in the protocol, we also
reduce the set of attack vectors and the overall complexity of the whole system.
In an actual implementation, for example, since there is no need for implementing
cryptography in JavaScript, developers can optimize their efforts into a single
reliable back-end technology. At the same time, attacks based on injecting
malicious JavaScript code become less likely and less powerful.

In Section 2, we start with an overview of the cryptographic primitives used
in our protocol. The protocol itself is described in Section 3, which is the main
section of this paper. The protocol description defines the involved protocol
parties, the communication channels, the adversary model, and the three main
protocol phases. In Section 4, we discuss the security properties of the proposed
protocol, and Section 5 concludes the paper.

2 Cryptographic Background

Our protocol is based on various cryptographic primitives, which are commonly
used in e-voting protocols. We briefly introduce them in the following subsections,
but we refer to the literature for more details. Our protocol also relies on BLS
signatures, which have not been used in e-voting very often, but which have
become an established tool in other areas such as crypto-currencies. We briefly
introduce BLS signatures in Section 2.2.

2.1 ElGamal Encryptions

The protocol as presented in this paper depends on a homomorphic asymmetric
encryption scheme such as ElGamal. The choice of ElGamal is not mandatory,
but we propose using it for its simplicity and maximal convenience. ElGamal is
IND-CPA secure in a group, in which the DDH problem is hard. We propose the
usual prime-order subgroup Gq ⊂ Z∗p of quadratic residues modulo a safe prime
p = 2q + 1 and assume that Gq and a generator g ∈ Gq\{1} are publicly known.

In this setting, we denote the generation of an ElGamal key pair consisting of
a randomly selected private decryption key dk ∈ Zq and a public encryption key

ek = gdk by (dk, ek)
$←− KeyGenEnc(). For a given encryption key ek ∈ Gq and

message m ∈ Gq, we use e ← Encek(m, r) to denote the encryption of m with

randomization r
$←− Zq. The result is a ciphertext pair e = (gr,m ·ekr) ∈ Gq×Gq

consisting of two group elements. For the decryption m← Decdk(e) of a ciphertext
e = (a, b), the decryption key dk can be used to compute m = b/adk.

ElGamal keys can be generated in a distributed setting, in which the private
decryption key of a common encryption key is shared among multiple parties. In
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the simplest construction of ek =
∏s

k=1 ekk, all s holders of a private key share
dkk need to cooperate to perform the decryption. We use a′k ← pDecdkk

(e) to
denote the partial decryption of a ciphertext e = (a, b). The resulting values
a′k = adkk can then be used to retrieve the plaintext m = b/

∏s
k=1 a

′
k. More

involved constructions exist to enable a threshold number t ≤ s of key share
holders to perform the decryption. This is an optional extension for our protocol.

In applications of ElGamal in e-voting, where up to m voting options can be
selected from n available voting options, it is possible to encode a set of selections
S ⊂ [1, n], |S| ≤ m, into an ElGamal message by selecting n small prime numbers
p1, . . . , pn from Gq ∩ P and by computing the product Γ (S) =

∏
s∈S ps over all

selections. Under the condition that Γ (S) < p, such a product can be decoded
into S using integer factorization. Therefore, to guarantee the uniqueness of the
decoding, the maximal size of the parameters m and n is limited by p. In most
practical election use cases, however, this limitation is not a real problem.

2.2 BLS Signatures

BLS signatures are defined over three groups G1, G2, and GT of a bilinear map
e : G1 × G2 → GT . If we use the popular pairing-friendly elliptic curves from
the Barreto-Lynn-Scott family, for example, we achieve approximately 128 bits
of security for BLS12-381 and 256 bits of security for BLS48-581 (both curves
are included in a current IETF draft [11]). In the particular case of BLS12-381,
G1 ⊂ E1[Fp] is a prime-order subgroup of the elliptic curve E1 : y2 = x3 + 4
over the prime-order field Fp for ‖p‖ = 381, G2 ⊂ E2[Fp2 ] is a subgroup of the
curve E2 : y2 = x3 + 4(1 + i) over Fp2 , and GT ⊂ Fp12 is a subgroup of the
integers modulo p12. The common group order q = |G1| = |G2| = |GT | is 256
bits long, which corresponds to 128 bits of security. Note that BLS12-381 also
defines generators g1 ∈ G1 and g2 ∈ G2 for both groups.

In the BLS signature scheme, we use (sk, vk)
$←− KeyGenSig() to denote the

generation of a key pair. The private signature key sk ∈ Zq is picked at random
and the public verification key vk = gsk2 is computed in the group G2.1 For a
collision-resistant hash function hash : {0, 1}∗ → G1, the BLS signature of a
message m ∈ {0, 1}∗ is a single deterministic group element σ = hash(m)sk ∈ G1.
We use σ ← Signsk(m) to denote this operation. Note that such signatures are
points σ = (x, y) ∈ Fp × Fp on the curve E1[Fp], which can be represented using
‖p‖ + 1 bits (‖p‖ bits for x and 1 bit for the sign of ±y). For BLS12-381, the
signature size is therefore 382 bits (48 bytes). A BLS signature σ ∈ G1 is valid
if e(σ, g2) = e(hash(m), vk), i.e., for performing the verification Verifyvk(σ,m) ∈
{0, 1}, the pairing function needs to be computed twice.

A useful property of the BLS signature scheme is the aggregation of signatures
σk ← Signskk

(m) generated under multiple private keys into a single signature
σ =

∏s
k=1 σk. The aggregated signature can then be verified using the combined

verification key vk =
∏s

k=1 vkk of all s key holders. As in the case of ElGamal,

1 In our protocol, we minimize the size of the signatures by using G1 for the signatures
and G2 for the public keys, but the roles of the groups are interchangeable.
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there are more involved methods to allow the signature to be generated by a
threshold number of key holders, but we will not need this in our protocol.

2.3 Non-Interactive Zero-Knowledge Proofs

We use different non-interactive zero-knowledge proofs to ensure that the involved
election authorities follow the protocol faithfully. First, to avoid the possibility
of so-called rogue key attacks [9], they need to prove knowledge of the generated
private ElGamal and BLS keys dk and sk, respectively. We will denote the
generation of such a proof as

πkey $←− NIZKP[(dk, sk) : ek = gdk ∧ vk = gsk2 ],

and the verification as Verify(πkey, ek, vk) ∈ {0, 1}. Note that πkey is a conjunctive
composition of two non-interactive Schnorr proofs. Second, authorities need
to prove the correctness of the partial decryptions a′i = adki for a given list
e = (e1, . . . , eN ) of ElGamal ciphertexts ei = (ai, bi). We denote this proof as

πdec $←− NIZKP[(dk) : ek = gdk ∧
(

N∧

i=1

a′i = adki

)
],

which is a conjunctive composition of N + 1 non-interactive Schnorr proofs. For
a = (a1, . . . , aN ) and a′ = (a′1, . . . , a

′
N ), the proof verification is denoted by

Verify(πdec, ek,a,a′) ∈ {0, 1}. For the details of corresponding proof generation
and verification algorithms, we refer to the literature [4, Section 5.4].

2.4 Verifiable Mix-Nets

Other important cryptographic tools in our protocol are verifiable re-encryption
mix-nets. The idea is to apply a series of cryptographic shuffles to an input list
e = (e1, . . . , eN ) of ElGamal ciphertexts. In each shuffle, a random permutation is
applied to the list, and every ciphertext of the permuted list is re-encrypted using
a fresh randomization. If ΨN denotes the set of all permutations of size N , then
ψ

$←− Ψ denotes picking a permutation uniformly at random, and j = ψ(i) denotes
the application of ψ : [1, N ] → [1, N ] to an input index i. The re-encryption
(ã, b̃) ← ReEncek(e, r) of an ElGamal ciphertext e = (a, b) is a new ciphertext

(ã, b̃) = (a, b) · Encek(1, r) = (a · gr, b · ekr) for a fresh randomization r
$←− Zq.

By putting everything together, cryptographic shuffling can be defined by
ẽ ← Shuffleek(e, ψ, r), where ẽ = (ẽ1, . . . , ẽN ) denotes the shuffled list of re-
encrypted ciphertexts ẽi = ReEncek(ej , rj) for j = ψ(i). To prove the correctness
of the shuffle, authorities need to provide a non-interactive shuffle proof,

πshuffle $←− NIZKP[(ψ, r) : ẽ = Shuffleek(e, ψ, r)],

which can be verified by Verify(πshuffle, ek, e, ẽ) ∈ {0, 1}. We require such shuffle
proofs twice in our protocol. In one of the two cases, we will need to ensure that
the permutation used in the shuffle corresponds to an existing permutation com-
mitment c← Commit(ψ, r). In existing constructions [2, 13], such commitments
are part of the proof generation and included in πshuffle. Therefore, by assuming
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that the same algorithm generates the permutation commitment and the shuffle
proof simultaneously, we can use a slightly abusive notation,

(πshuffle, c, r)
$←− NIZKP[(ψ, r) : ẽ = Shuffleek(e, ψ, r)],

for the proof generation and include c as an additional argument for the proof
verification. For further details on theses proofs, we refer again to the literature
or to the pseudocode algorithms given in [4, Sections 5.5 and 8.4].

3 Protocol Description

Our new Internet voting protocol consists of three consecutive phases called
pre-election, election, and post-election. To specify the technical details of the
protocol, we provide separate subsections for each of them. As a preparatory
step at the beginning of this section, we define the set of election parameters, the
protocol parties and communication channels, and the protocol’s general idea.

3.1 Election Parameters

In the discussion of the election model in Section 1.1, we already decided to
restrict our approach to single m-out-of-n elections, where n denotes the number
of candidates (or voting options) and m < n the maximal number of candidates
to choose. For each election, we assign a unique election identifier U and an
election description ED . Furthermore, we assign a unique candidate description
CDj to each candidate, and for an electorate of size N , we assign a unique voter
description VD i to each voter i. If c = (CD1, . . . ,CDn) and v = (VD1, . . . ,VDN )
denote the vectors of all candidate and voter descriptions, respectively, then

EP = (U,ED ,m, n,N, c,v)

denotes the complete set of election parameters (note that n = |c| and N = |v|
are redundant, but we prefer to list them explicitly). Without loss of generality,
we assume that U , ED , CDj , and VD i are strings from a given alphabet. We
also assume that these strings contain sufficient information for their specific
purposes (for example, VD i may contain the voter’s name and address to enable
the production of address labels by the printing service). In Figure 1, for example,
we have U = "CH23-03", ED = "Do you accept the tax law?", m = 1, n = 2,
CD1 = ”YES”, CD2 = ”NO”, and i = 1823 (N and v are unspecified).

3.2 Protocol Parties and Communication

We distinguish five different types of protocol parties. In an implementation of
the protocol, the administrator, the election authorities, and the printing service
form the system’s core infrastructure, which can be used in the same constellation
for multiple elections. The voters are members of the electorate of a given election
and the voting clients are the personal devices used by the voters for casting the
vote. The following list describes the roles of the five party types.
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Administrator. To run an election, the administrator specifies the election
parameters EP, launches the three protocol phases, and finally assembles and
announces the election result. The administrator does not generate or possess
any cryptographic secrets other than a private signature key.

Election Authorities. In the pre-election phase, the election authorities gener-
ate a common encryption key, a common signature key, and the contents of the
voting and confirmation cards in a distributed manner. During the election,
they respond to submitted ballots and confirmations, and in the post-election
phase, they shuffle and decrypt the list of encrypted votes. To ensure the
correctness of the election and the privacy of the votes, it is assumed that at
least one election authority is honest. They all possess a private signature key.

Printing Service. The printing service is responsible for printing the voting
and confirmation cards and sending them to the voters. For this, it receives
shares of the values to be printed from the election authorities. The printing
service is trusted to assemble these shares in a deterministic manner, print
them on paper, and protect the confidentiality of the received data. Otherwise,
the printing service does not generate or possess any cryptographic secrets.

Voters. The voters are the main actors in the protocol. Using the voting and
confirmation cards obtained from the printing service over postal mail, honest
voters submit their votes according to the procedure described in Section 1.1.
Dishonest voters may deviate from the protocol, but not if this affects the
validity of the submitted vote. This implies that they keep the voting and
confirmation cards secret, even in the presence of a vote buyer or coercer.

Voting Clients. The functionality of the voting clients is restricted to scanning
and submitting the QR codes to the election authorities and displaying their
responses to the voters. Since they are potentially dishonest, they do not
generate or possess any cryptographic secrets.

To authenticate the communication channels between the infrastructure parties,
we assume that the administrator and the election authorities use their private
signature keys to sign all outgoing messages, and that all infrastructure parties
accept incoming messages only if they contain a valid signature. Furthermore,
we assume that the channels from the election authorities to the printing service
and from the printing service to the voters are confidential.

Note that we do not explicitly impose the existence a public bulletin board.
As we will see, every election authority in our protocol keeps a full record of all
the public election data. By considering the union of their records as input for
the verification, it is sufficient to have at least one honest authority for reaching
a consensus about the relevant election data. This approach is consistent with
the current practice and legislation in Switzerland.

3.3 General Protocol Idea

From a cryptographic point of view, the main protocol idea is to prepare for
each voter a list of ciphertexts for all n possible voting options. For this, the
election authorities apply a verifiable mix-net to an initial list of trivial ElGamal
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ciphertexts ej = Encek(Γ (j), 0) = (1, Γ (j)) for all candidates j ∈ [1, n]. This

leads to a matrix Ẽ = (ẽij)N×n of encrypted votes, in which each row i contains
encryptions of all candidates in permuted order ψi. The correctness of this matrix
can be publicly verified by checking the shuffle proofs from the mix-net.

To submit a vote for candidate s ∈ [1, n], the voter with voting card index
i needs to know the right column index j = ψi(s) in row i of the matrix Ẽ
and submit it to the election authorities. In other words, by submitting a ballot
b = (U, i, j) to the authorities, the voter expresses the intention to vote in election
U for candidate s = ψ−1i (j). The authorities can then pick the encrypted vote ẽij
from Ẽ and add it to the ballot box. While this is the basic idea of the protocol,
it is clear that additional security measures need to be taken.

To prevent ballot stuffing, the election authorities generate BLS signatures
σij = Signsk(U, i, j) in a distributed manner for all pairs (i, j) ∈ [1, N ] × [1, n].
To cast a valid vote, voters must then submit an extended ballot b = (U, i, j, σij),
which includes a valid signature σij for (U, i, j). This is exactly the information
that needs to be included in the QR code assigned to the voting option s. If
we assume that the two voting options have been swapped in the mix-net of
the example given in Figure 1, then the QR code assigned to the second voting
option NO (s = 2) could be an encoding of the URL string

https://www.qrvote.ch?U=CH23-03&i=1823&j=1&sigma=7BM8qdOu08gwVKpjmZ9
hf1u0+KSotcq4DWeFgcXgn2vloWJbYLHUcl+wpUaZJgoR ,

which directs the browser to the specified web server and submits the ballot
b = ("CH22-12", 1823, 1, σ) included in the query string to the election authorities.
In this particular example, σ is a Base64-encoded BLS signature of length
64∗ 6 = 384 bits (48 bytes), which corresponds to an element of G1 in BLS12-381.
If σ is a valid signature, the authorities respond with a share of the corresponding
verification code. The aggregation of these shares is displayed to the voter.

In an election with m > 1 possible selections, the authorities accept such
incoming ballots until the size of the voter’s ballot box reaches m. To confirm
the vote, the voter submits a similar tuple c = (U, i, σi), where σi = Signsk(U, i)
is an aggregated BLS signature of (U, i), which represents the voter’s intention
to confirm the vote in election U . Again, if c contains a valid signature, the
authorities respond with a share of the corresponding participation code, and an
aggregation of these shares is displayed to the voter.

3.4 Pre-Election Phase

The pre-election phase begins with an initial message EP from the administrator
to the election authorities. Upon receiving this message, the election authorities
generate a common ElGamal encryption key ek and a common BLS signature
key vk by exchanging corresponding key shares. In Figure 2, the key shares are
generated in Step2a and the key aggregation takes place in Step2b.

In the next step of the pre-election phase, the election authorities generate
the ciphertext matrix Ẽ, in which each row contains ciphertexts for all candidates
in permuted order. In Figure 2, the initialization of this list is shown in Step3a,
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<latexit sha1_base64="nHQly11OxjLZ8tO/CgcfyZ1HYFo=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqewWqR4rXjxWsB/QLiWbzbahSXZNZgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzgkRwA6777RQ2Nre2d4q7pb39g8Oj8vFJ28SppqxFYxHrbkAME1yxFnAQrJtoRmQgWCcY3839zoRpw2P1CNOE+ZIMFY84JWAl/zaUXNktmkCsB+WKW3UXwOvEy0kF5WgOyl/9MKapZAqoIMb0PDcBPyMaOBVsVuqnhiWEjsmQ9SxVRDLjZ4ujZ/jCKiGOYm1LAV6ovycyIo2ZysB2SgIjs+rNxf+8XgrRjZ9xlaTAFF0uilKBIcbzBHDINaMgppYQqrm9FdMR0YSCzalkQ/BWX14n7VrVq1evHmqVRj2Po4jO0Dm6RB66Rg10j5qohSh6Qs/oFb05E+fFeXc+lq0FJ585RX/gfP4AMKuSWA==</latexit>

Administrator

<latexit sha1_base64="Sn7pqbzXZIQWgsXC55T3Dls0Fhw=">AAACGXicbZBLS8NAFIUnPmt8VV26CbaCq5IUUZcFEVxWsA9oQplMb9qhM5M4M6mUkN/hwo3+FHfi1pW/xK3Tx0JbDwwczrmXuXxhwqjSrvtlrayurW9sFrbs7Z3dvf3iwWFTxakk0CAxi2U7xAoYFdDQVDNoJxIwDxm0wuH1pG+NQCoai3s9TiDguC9oRAnWJgrKPsd6QHV2U8/L3WLJrbhTOcvGm5sSmqveLX77vZikHIQmDCvV8dxEBxmWmhIGue2nChJMhrgPHWMF5qCCbHp07pyapOdEsTRPaGea/t7IMFdqzEMzOblRLXaT8L+uk+roKsioSFINgsw+ilLm6NiZEHB6VALRbGwMJpKaWx0ywBITbTjZvgQBjyTmHIte5o+A5B0vyKacwigreXlu24aUt8hl2TSrFe+icn5XLdWqc2YFdIxO0Bny0CWqoVtURw1E0AN6Qi/o1Xq23qx362M2umLNd47QH1mfPwOloIY=</latexit>

EP

<latexit sha1_base64="9Mzq5UIKzo8YOWPei/v+Gusyyco="></latexit>

Election Authority ` 6= k

<latexit sha1_base64="F0afeZx4/e4Ugka/qx+C3aYTNrM="></latexit>

(dkk, ekk)
$ � KeyGenEnc()

<latexit sha1_base64="Ck5wQNCNPoL/NGnm5x3YxKhYdOI="></latexit>

⇡key $ � NIZKP[(dk, sk) : ek = gdk ^ vk = gsk
2 ]

<latexit sha1_base64="S9I2nm6KCKD6HYpq/8NHFeNGzL0="></latexit>

(skk, vkk)
$ � KeyGenSig()

<latexit sha1_base64="dP5oCuHgU133z0t9PrgVRuAy/KU="></latexit>

ekk, vkk,⇡key
k

<latexit sha1_base64="1A/d7MTZ5Vp0X10z+WZKwF489Js="></latexit>

ek `, vk `,⇡
key
`

<latexit sha1_base64="C4lA2a2WL5ozpy2DTzde6KwPi9s="></latexit>

ek  Qs
k=1 ekk, vk  Qs

k=1 vkk

<latexit sha1_base64="ATfda3ZBQXzeO2JY3OawNgtLtxw="></latexit>

If 9` : Verify(⇡key
` , ek`, vk`) = 0, abort

<latexit sha1_base64="MMbH07oNcLrme+KFtPDCEsWz6fE=">AAAB/HicbVDLSsNAFJ3UV62vaJduBlvBhZSkiIqrgiCupIJ9QBrKZDpph05mwsxECKH+ihsXirj1Q9z5N07bLLT1rA7n3Ms99wQxo0o7zrdVWFldW98obpa2tnd29+z9g7YSicSkhQUTshsgRRjlpKWpZqQbS4KigJFOML6e+p1HIhUV/EGnMfEjNOQ0pBhpI/Xt8o2QsEp7lHvu6Z1fhQNx1bcrTs2ZAS4TNycVkKPZt796A4GTiHCNGVLKc51Y+xmSmmJGJqVeokiM8BgNiWcoRxFRfjYLP4HHRhnA0MQIBddwpv7eyFCkVBoFZjJCeqQWvan4n+clOrz0M8rjRBOO54fChEEt4LQJOKCSYM1SQxCW1GSFeIQkwtr0VTIluIsvL5N2veae187u65VGPa+jCA7BETgBLrgADXALmqAFMEjBM3gFb9aT9WK9Wx/z0YKV75TBH1ifPyTUkxs=</latexit>

For i 2 [1, N ] do:

<latexit sha1_base64="MMbH07oNcLrme+KFtPDCEsWz6fE=">AAAB/HicbVDLSsNAFJ3UV62vaJduBlvBhZSkiIqrgiCupIJ9QBrKZDpph05mwsxECKH+ihsXirj1Q9z5N07bLLT1rA7n3Ms99wQxo0o7zrdVWFldW98obpa2tnd29+z9g7YSicSkhQUTshsgRRjlpKWpZqQbS4KigJFOML6e+p1HIhUV/EGnMfEjNOQ0pBhpI/Xt8o2QsEp7lHvu6Z1fhQNx1bcrTs2ZAS4TNycVkKPZt796A4GTiHCNGVLKc51Y+xmSmmJGJqVeokiM8BgNiWcoRxFRfjYLP4HHRhnA0MQIBddwpv7eyFCkVBoFZjJCeqQWvan4n+clOrz0M8rjRBOO54fChEEt4LQJOKCSYM1SQxCW1GSFeIQkwtr0VTIluIsvL5N2veae187u65VGPa+jCA7BETgBLrgADXALmqAFMEjBM3gFb9aT9WK9Wx/z0YKV75TBH1ifPyTUkxs=</latexit>

For i 2 [1, N ] do:
<latexit sha1_base64="gUzqbBif/XdlRSVCnGR04e4g3og="></latexit>

 ik
$ �  n, rik

$ � Zn
q

<latexit sha1_base64="eYLQjCmO2QLiFCRz2I1n6cd6s6g=">AAACB3icbZBLSwMxFIUz9VXra9SlIMFWcCFlpkh1WRHBZQX7gOlQMmmmDc0kQ5IRhtKdG/+KGxeKuPUvuPPfmGlnodUDgY9z7iXcE8SMKu04X1ZhaXllda24XtrY3NresXf32kokEpMWFkzIboAUYZSTlqaakW4sCYoCRjrB+CrLO/dEKir4nU5j4kdoyGlIMdLG6tuH14zgDOFlokdCUp3CyrhHueeeKr/St8tO1ZkJ/gU3hzLI1ezbn72BwElEuMYMKeW5Tqz9CZKaYkampV6iSIzwGA2JZ5CjiCh/MrtjCo+NM4ChkOZxDWfuz40JipRKo8BMRkiP1GKWmf9lXqLDC39CeZxowvH8ozBhUAuYlQIHVJoWWGoAYdMBxRCPkERYm+pKpgR38eS/0K5V3Xr17LZWbtTzOorgAByBE+CCc9AAN6AJWgCDB/AEXsCr9Wg9W2/W+3y0YOU7++CXrI9vpvKYfA==</latexit>

Election Authority k 2 [1, s]

Step2a

Step2b

Step3a

Step3b (upon receiving previous shuffle)

Step3c

Step1

<latexit sha1_base64="cHSEx9G4k8dbduBrl6Hk+vtQIBk="></latexit>

hk  hash(c1, . . . , cs)

Step4
<latexit sha1_base64="MMbH07oNcLrme+KFtPDCEsWz6fE=">AAAB/HicbVDLSsNAFJ3UV62vaJduBlvBhZSkiIqrgiCupIJ9QBrKZDpph05mwsxECKH+ihsXirj1Q9z5N07bLLT1rA7n3Ms99wQxo0o7zrdVWFldW98obpa2tnd29+z9g7YSicSkhQUTshsgRRjlpKWpZqQbS4KigJFOML6e+p1HIhUV/EGnMfEjNOQ0pBhpI/Xt8o2QsEp7lHvu6Z1fhQNx1bcrTs2ZAS4TNycVkKPZt796A4GTiHCNGVLKc51Y+xmSmmJGJqVeokiM8BgNiWcoRxFRfjYLP4HHRhnA0MQIBddwpv7eyFCkVBoFZjJCeqQWvan4n+clOrz0M8rjRBOO54fChEEt4LQJOKCSYM1SQxCW1GSFeIQkwtr0VTIluIsvL5N2veae187u65VGPa+jCA7BETgBLrgADXALmqAFMEjBM3gFb9aT9WK9Wx/z0YKV75TBH1ifPyTUkxs=</latexit>

For i 2 [1, N ] do:
<latexit sha1_base64="pRqbk+v9a7kquuLaK1b/VUtMEZY="></latexit>

For j 2 [1, n] do:
<latexit sha1_base64="b/MrlZOOxy1OfRY8PKPtMT7o1fw="></latexit>

�ijk  Signskk
(U, i, j)

<latexit sha1_base64="Z9vHDvyIYWmVQwv3fjlQe5a5+wk="></latexit>

�ik  Signskk
(U, i)

<latexit sha1_base64="j7ZMNQgnUbkNyzHQHra9Mx22YS4="></latexit>

If 9(i, `) : Verify(⇡shu✏e
i` , ek, ẽi,`�1, ẽi,`, ci`) = 0, abort

<latexit sha1_base64="Xvfbz28X7IINcKNVsmjRyhH4k8A="></latexit>

Select EP = (U ,ED , m, n, N, c,v)

<latexit sha1_base64="hOWR8KI9F3+iU7DnA1+zFhRVkYQ="></latexit>

vcijk
$ � {0, 1}L

<latexit sha1_base64="QqN8/jKol0P+SAF6N0tG+NjTGnA="></latexit>

pcik
$ � {0, 1}K

<latexit sha1_base64="A0ghG9RbFjgmrbxtyWfePmvzXrs="></latexit>

ck  (cik)N ,  k  ( ik)N , rk  (rik)N

<latexit sha1_base64="y0UksE6FhNuZQhvfUBi0lksfuG4="></latexit>

Sk  (�ijk)N⇥n, sk = (�ik)N
<latexit sha1_base64="MsMOZcWA1eTDNg/nIVNYIK2ZQ2Q="></latexit>

Vk  (vcijk)N⇥n, pk  (pcik)N

<latexit sha1_base64="tpTMQTBb8LUuj9zy9YcSwcgLvZo="></latexit>

ẽik  Shu✏eek(ẽi,k�1, ik, rik)
<latexit sha1_base64="cC/WNCH6ckbm2ME+rv9kF5My0to="></latexit>

(⇡shu✏e
ik , cik, rik)

$ � NIZKP[( ik, rik) : ẽik=Shu✏eek(ẽi,k�1, ik, rik)]

<latexit sha1_base64="dZg7ekk1jhk2imhVjGn62z5OgYE="></latexit>

Ẽ (ẽi,s)N = (ẽij)N⇥n

<latexit sha1_base64="7Dunp9kToHk810QenlWdXvW9xA0="></latexit>

ej  Encek(�(j), 0)

<latexit sha1_base64="GUaQvHNBKaNXyyL1BHSA/ZQrHpw="></latexit>

For j 2 [1, n] do:

<latexit sha1_base64="MEiDxZGuPH8aptRP10PMeewR+6A="></latexit>

ẽi,0  (ej)n

<latexit sha1_base64="MiTEVxH6WXNLllEkRORJD6tuaAw="></latexit>

(ẽik)N , (⇡shu✏e
ik )N , ck

<latexit sha1_base64="9U7z8hA9Qwe7wlaVu8TXtP5dW5c="></latexit>

(ẽi`)N , (⇡shu✏e
i` )N , ck

Fig. 2: First part of the pre-election phase: Election setup (Step1), key generation
(Step2), ciphertext preparation (Step3), signature and code generation (Step4).

the shuffling in Step3b, and the assembling of the matrix Ẽ in Step3c. As a side-
product of this procedure, each election authorities receives a list of permutation
commitments c` from all other authorities ` 6= k. The hash hk = (c1, . . . , cs)
of these commitments is used to demonstrate to the printing service that a
consensus have been reached among the election authorities about the outcome of
the mixing. Another side-product are the commitment randomizations rk, which
are given to the printing service for opening the commitments.

In Step4 of the pre-election phase, the election authorities prepare the shares
σijk of the BLS signatures for the ballots bij = (U, i, j, σij) and the shares vcijk

of corresponding verification codes vcij . Similarly, they prepare the shares σik
of the BLS signatures for the confirmations ci = (U, i, σi) and the shares pcik
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<latexit sha1_base64="Sn7pqbzXZIQWgsXC55T3Dls0Fhw=">AAACGXicbZBLS8NAFIUnPmt8VV26CbaCq5IUUZcFEVxWsA9oQplMb9qhM5M4M6mUkN/hwo3+FHfi1pW/xK3Tx0JbDwwczrmXuXxhwqjSrvtlrayurW9sFrbs7Z3dvf3iwWFTxakk0CAxi2U7xAoYFdDQVDNoJxIwDxm0wuH1pG+NQCoai3s9TiDguC9oRAnWJgrKPsd6QHV2U8/L3WLJrbhTOcvGm5sSmqveLX77vZikHIQmDCvV8dxEBxmWmhIGue2nChJMhrgPHWMF5qCCbHp07pyapOdEsTRPaGea/t7IMFdqzEMzOblRLXaT8L+uk+roKsioSFINgsw+ilLm6NiZEHB6VALRbGwMJpKaWx0ywBITbTjZvgQBjyTmHIte5o+A5B0vyKacwigreXlu24aUt8hl2TSrFe+icn5XLdWqc2YFdIxO0Bny0CWqoVtURw1E0AN6Qi/o1Xq23qx362M2umLNd47QH1mfPwOloIY=</latexit>

EP

<latexit sha1_base64="eYLQjCmO2QLiFCRz2I1n6cd6s6g=">AAACB3icbZBLSwMxFIUz9VXra9SlIMFWcCFlpkh1WRHBZQX7gOlQMmmmDc0kQ5IRhtKdG/+KGxeKuPUvuPPfmGlnodUDgY9z7iXcE8SMKu04X1ZhaXllda24XtrY3NresXf32kokEpMWFkzIboAUYZSTlqaakW4sCYoCRjrB+CrLO/dEKir4nU5j4kdoyGlIMdLG6tuH14zgDOFlokdCUp3CyrhHueeeKr/St8tO1ZkJ/gU3hzLI1ezbn72BwElEuMYMKeW5Tqz9CZKaYkampV6iSIzwGA2JZ5CjiCh/MrtjCo+NM4ChkOZxDWfuz40JipRKo8BMRkiP1GKWmf9lXqLDC39CeZxowvH8ozBhUAuYlQIHVJoWWGoAYdMBxRCPkERYm+pKpgR38eS/0K5V3Xr17LZWbtTzOorgAByBE+CCc9AAN6AJWgCDB/AEXsCr9Wg9W2/W+3y0YOU7++CXrI9vpvKYfA==</latexit>

Election Authority k 2 [1, s]
<latexit sha1_base64="0rgRbwCHWu9eiY/8rJYJWhNR82Q="></latexit>

Printing Service

<latexit sha1_base64="nXqI4bQ/2expMofjU+T1/skQ0l0=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8laRI9Vjw4rGCaQttKJvtpF262Q27G6GE/gYvHhTx6g/y5r9x2+agrQ8GHu/NMDMvSjnTxvO+nY3Nre2d3dJeef/g8Oi4cnLa1jJTFAMquVTdiGjkTGBgmOHYTRWSJOLYiSZ3c7/zhEozKR7NNMUwISPBYkaJsVLQlgbVoFL1at4C7jrxC1KFAq1B5as/lDRLUBjKidY930tNmBNlGOU4K/czjSmhEzLCnqWCJKjDfHHszL20ytCNpbIljLtQf0/kJNF6mkS2MyFmrFe9ufif18tMfBvmTKSZQUGXi+KMu0a688/dIVNIDZ9aQqhi9laXjoki1EagyzYEf/XlddKu1/xG7fqhXm02ijhKcA4XcAU+3EAT7qEFAVBg8Ayv8OYI58V5dz6WrRtOMXMGf+B8/gDnBo63</latexit>

Voter

Step5a

<latexit sha1_base64="SYK06vQ2JMqV2wtYunsRYrUMMBc="></latexit>

If 9(i, k) : Verify(cik, ik, rik) = 0, abort

<latexit sha1_base64="s9SRprU53Lzhhq7JXL3JNpSZ5lQ="></latexit>

If 9k : hash(c1, . . . , cs) 6= hk, abort

<latexit sha1_base64="zTi1S1qoY5Qv/EXJhHFNlRHNAUk="></latexit>

 i   i,s � · · · �  i,1

<latexit sha1_base64="NZQ96qBnWhQEaJyg5Iq/t8ePgas="></latexit>

vk  Qs
k=1 vkk

Step5b

<latexit sha1_base64="MMbH07oNcLrme+KFtPDCEsWz6fE=">AAAB/HicbVDLSsNAFJ3UV62vaJduBlvBhZSkiIqrgiCupIJ9QBrKZDpph05mwsxECKH+ihsXirj1Q9z5N07bLLT1rA7n3Ms99wQxo0o7zrdVWFldW98obpa2tnd29+z9g7YSicSkhQUTshsgRRjlpKWpZqQbS4KigJFOML6e+p1HIhUV/EGnMfEjNOQ0pBhpI/Xt8o2QsEp7lHvu6Z1fhQNx1bcrTs2ZAS4TNycVkKPZt796A4GTiHCNGVLKc51Y+xmSmmJGJqVeokiM8BgNiWcoRxFRfjYLP4HHRhnA0MQIBddwpv7eyFCkVBoFZjJCeqQWvan4n+clOrz0M8rjRBOO54fChEEt4LQJOKCSYM1SQxCW1GSFeIQkwtr0VTIluIsvL5N2veae187u65VGPa+jCA7BETgBLrgADXALmqAFMEjBM3gFb9aT9WK9Wx/z0YKV75TBH1ifPyTUkxs=</latexit>

For i 2 [1, N ] do:
<latexit sha1_base64="pRqbk+v9a7kquuLaK1b/VUtMEZY="></latexit>

For j 2 [1, n] do:

<latexit sha1_base64="WmcHDbWtuD4VaAUlsOAjT0cmu7Q="></latexit>

�i  
Qs

k=1 �ik

<latexit sha1_base64="vcfeDRUQPoLQAKLbQJHMUiZ0LKM="></latexit>

�ij  
Qs

k=1 �ijk

Step5c
<latexit sha1_base64="MMbH07oNcLrme+KFtPDCEsWz6fE=">AAAB/HicbVDLSsNAFJ3UV62vaJduBlvBhZSkiIqrgiCupIJ9QBrKZDpph05mwsxECKH+ihsXirj1Q9z5N07bLLT1rA7n3Ms99wQxo0o7zrdVWFldW98obpa2tnd29+z9g7YSicSkhQUTshsgRRjlpKWpZqQbS4KigJFOML6e+p1HIhUV/EGnMfEjNOQ0pBhpI/Xt8o2QsEp7lHvu6Z1fhQNx1bcrTs2ZAS4TNycVkKPZt796A4GTiHCNGVLKc51Y+xmSmmJGJqVeokiM8BgNiWcoRxFRfjYLP4HHRhnA0MQIBddwpv7eyFCkVBoFZjJCeqQWvan4n+clOrz0M8rjRBOO54fChEEt4LQJOKCSYM1SQxCW1GSFeIQkwtr0VTIluIsvL5N2veae187u65VGPa+jCA7BETgBLrgADXALmqAFMEjBM3gFb9aT9WK9Wx/z0YKV75TBH1ifPyTUkxs=</latexit>

For i 2 [1, N ] do:
<latexit sha1_base64="pRqbk+v9a7kquuLaK1b/VUtMEZY="></latexit>

For j 2 [1, n] do:

<latexit sha1_base64="pRqbk+v9a7kquuLaK1b/VUtMEZY="></latexit>

For j 2 [1, n] do:
<latexit sha1_base64="jXxqM/XFk7SRxwGErlclgu1AoCg="></latexit>

VC ij  (i, U,ED ,CDj ,QRi, ij
, vci, ij ), for  ij =  i(j)

<latexit sha1_base64="zK/cI/vlHVwUE/R9jOS4kBYfODk="></latexit>

CC i  (i, U,QRi, pci)

<latexit sha1_base64="rH0EmQvn8JpFENJahFrJeWY5D9Y="></latexit>

vcij  hashL(vci,j,1, . . . , vci,j,s)

<latexit sha1_base64="trZ0+JJbgSPCQoG2miTwHi+m/IA="></latexit>

pci  hashK(pci,1, . . . , pci,s)

<latexit sha1_base64="3fDgllSflBYRly65MCozHa4z7JM="></latexit>

QRij  qrEncode(bij), for bij = (U, i, j,�ij)

<latexit sha1_base64="RmGZ3x6emIKR7YJU8jR6ZWLAY3g="></latexit>

QRi  qrEncode(ci), for ci = (U, i,�i)

<latexit sha1_base64="MMbH07oNcLrme+KFtPDCEsWz6fE=">AAAB/HicbVDLSsNAFJ3UV62vaJduBlvBhZSkiIqrgiCupIJ9QBrKZDpph05mwsxECKH+ihsXirj1Q9z5N07bLLT1rA7n3Ms99wQxo0o7zrdVWFldW98obpa2tnd29+z9g7YSicSkhQUTshsgRRjlpKWpZqQbS4KigJFOML6e+p1HIhUV/EGnMfEjNOQ0pBhpI/Xt8o2QsEp7lHvu6Z1fhQNx1bcrTs2ZAS4TNycVkKPZt796A4GTiHCNGVLKc51Y+xmSmmJGJqVeokiM8BgNiWcoRxFRfjYLP4HHRhnA0MQIBddwpv7eyFCkVBoFZjJCeqQWvan4n+clOrz0M8rjRBOO54fChEEt4LQJOKCSYM1SQxCW1GSFeIQkwtr0VTIluIsvL5N2veae187u65VGPa+jCA7BETgBLrgADXALmqAFMEjBM3gFb9aT9WK9Wx/z0YKV75TBH1ifPyTUkxs=</latexit>

For i 2 [1, N ] do:

<latexit sha1_base64="RlKzCUyL804dB4OdZmQNRiph/0o="></latexit>

If 9(i, j, k) : Verifyvk(�ijk, (U, i, j)) = 0, abort
<latexit sha1_base64="YF3X3Dxh416QT7Q5gpRYl80Z/q4="></latexit>

If 9(i, k) : Verifyvk(�ik, (U, i)) = 0, abort

<latexit sha1_base64="mtTAxIFiHIaa9Qm/7qBEXnAaJZc="></latexit>

vkk, ck,  k, rk, Sk, sk, Vk, pk, hk

<latexit sha1_base64="nHQly11OxjLZ8tO/CgcfyZ1HYFo=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqewWqR4rXjxWsB/QLiWbzbahSXZNZgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzgkRwA6777RQ2Nre2d4q7pb39g8Oj8vFJ28SppqxFYxHrbkAME1yxFnAQrJtoRmQgWCcY3839zoRpw2P1CNOE+ZIMFY84JWAl/zaUXNktmkCsB+WKW3UXwOvEy0kF5WgOyl/9MKapZAqoIMb0PDcBPyMaOBVsVuqnhiWEjsmQ9SxVRDLjZ4ujZ/jCKiGOYm1LAV6ovycyIo2ZysB2SgIjs+rNxf+8XgrRjZ9xlaTAFF0uilKBIcbzBHDINaMgppYQqrm9FdMR0YSCzalkQ/BWX14n7VrVq1evHmqVRj2Po4jO0Dm6RB66Rg10j5qohSh6Qs/oFb05E+fFeXc+lq0FJ585RX/gfP4AMKuSWA==</latexit>

Administrator

<latexit sha1_base64="uuNPxQ1Q/DObnIIHGJWHnATjkHI="></latexit>

VD i, (VC ij)n, CC i

Fig. 3: Second part of the pre-election phase: Permutation composition (Step5a),
signature and code aggregation (Step5b), voting card preparation (Step5c).

of corresponding participation codes pci. These codes are random bit strings of
length L and K, respectively (in the example from Figure 1, we have L = 16 and
K = 40). Finally, the share vkk of the verification key, the commitments ck, the
random permutation ψk, the randomizations rk, the shares Sk and sk of the BLS
signatures, the shares Vk and pk of the verifications and confirmation codes, and
the hash value hk of the commitments are sent to the printer.

The above messages launch the printing process. In Step5a of Figure 3, the
printing service first checks the consistency and validity of the permutation
commitments and then combines the permutations into ψi = ψi,s ◦ · · · ◦ ψi,1 for
every i ∈ [1, N ]. Similarly, in Step5b, the printing serving checks the validity of the
received signatures and then computes their aggregations σij and σi. The same
happens for the verification codes vcij and participation codes pci. From these
values, the printing service assembles the voting cards VCij and confirmation
cards CCi, such that everything from Figure 1 is included at the right place. The
cards are printed and sent to the voters over a confidential channel.

3.5 Election Phase

The election phase is shown in Figure 4. It consists of three consecutive steps. In
Step1, the election authorities initialize their ballot boxes Bik (one for each voter)
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<latexit sha1_base64="Eu6kDLZ+29WT8ODtU8NYO1DWER0=">AAAB9HicbVDLSgMxFL1TX7W+qi7dBIvgqswUqS4L3bisYB/QDiWTZtrQTGZM7hRK6Xe4caGIWz/GnX9j2s5CWw8EDufcw705QSKFQdf9dnJb2zu7e/n9wsHh0fFJ8fSsZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY1xd+e8K1EbF6xGnC/YgOlQgFo2glvxWjUENSl4Ir7BdLbtldgmwSLyMlyNDoF796g5ilkc0ySY3pem6C/oxqFEzyeaGXGp5QNqZD3rVU0Ygbf7Y8ek6urDIgYaztU0iW6u/EjEbGTKPATkYUR2bdW4j/ed0Uwzt/JlSSIldstShMJcGYLBogA6E5Qzm1hDIt7K2EjaimDG1PBVuCt/7lTdKqlL1q+eahUqpVszrycAGXcA0e3EIN7qEBTWDwBM/wCm/OxHlx3p2P1WjOyTLn8AfO5w+NF5Ht</latexit>

Voting Client

<latexit sha1_base64="mWgh6XXFh2l6vLSyz4juTBo43zc="></latexit>

Select s 2 {1, . . . , n} \ S

<latexit sha1_base64="pl8k4pEavN6QDSRpOwmQXzUGO9c="></latexit>

QRs
<latexit sha1_base64="wLNJE6/vN48ILzs0mS7SwDcrSDs="></latexit>

b

<latexit sha1_base64="u1+QOYmEfFtbWkXUHDZJgzkgCdY="></latexit>vck
<latexit sha1_base64="P9PDjHbIWUhpnQKVbyEEzy/RP/c="></latexit>

vc0

<latexit sha1_base64="hzaXL1kCOLf3dun8TrgNciJSW5w="></latexit>

Initialize Bik  ;, for i 2 [1, N ]
<latexit sha1_base64="qFwmcztxT+LYLKs4lNeqyXlE87A="></latexit>

Initialize Ck  ;

<latexit sha1_base64="B4qov2i0xQI+SXW1fDFRRc0IK+w="></latexit>

If Verifyvk(�, (U, i, j)) = 0, abort

<latexit sha1_base64="XT6vtuBMoPck3WkttLIbZSWOg2o="></latexit>

If |Bik| = m, abort
<latexit sha1_base64="egYACH5VFvs7Otpls6ZVF2Q38/E="></latexit>

If (i, ·) 2 Ck, abort

<latexit sha1_base64="RdOvykciWM5Ub8J/f9OktoN4nVE="></latexit>

If vc0 6= vcs, abort
<latexit sha1_base64="1U0n/GkZnbSyycn+wNVruCI1AbQ="></latexit>

S  S [ {s}

<latexit sha1_base64="XraNQlxW6XN0NmlmK2OZADYJwqs="></latexit>

QR
<latexit sha1_base64="6MEdl4aDIRrDvJSTse6PjxqODTs="></latexit>

c qrDecode(QR)

<latexit sha1_base64="eeaaogYZ2thfTY2ISGyoJRIa7WM="></latexit>

If Verifyvk(�, (U, i)) = 0, abort
<latexit sha1_base64="TXhTSel1o6qSl/YWWpuf2R/1+sg="></latexit>

Ck  Ck [ {c}

<latexit sha1_base64="sAe9kAGj6sG7SmOfo9sRx5fqFHY="></latexit>pck

<latexit sha1_base64="qnDa2/GriH/SuRMl+oCF/HhY22M="></latexit>

pc0

<latexit sha1_base64="wz1kt8DV/murlAgnt51zOTmc5+0="></latexit>

Initialize S  ;

<latexit sha1_base64="JjuA7jFsetUwzRLwKiZkqpVVKoo="></latexit>c

Step1

Step2a

Step2e

Step3e

Step2c

Step3c

Step1

Step3a

<latexit sha1_base64="nXqI4bQ/2expMofjU+T1/skQ0l0=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8laRI9Vjw4rGCaQttKJvtpF262Q27G6GE/gYvHhTx6g/y5r9x2+agrQ8GHu/NMDMvSjnTxvO+nY3Nre2d3dJeef/g8Oi4cnLa1jJTFAMquVTdiGjkTGBgmOHYTRWSJOLYiSZ3c7/zhEozKR7NNMUwISPBYkaJsVLQlgbVoFL1at4C7jrxC1KFAq1B5as/lDRLUBjKidY930tNmBNlGOU4K/czjSmhEzLCnqWCJKjDfHHszL20ytCNpbIljLtQf0/kJNF6mkS2MyFmrFe9ufif18tMfBvmTKSZQUGXi+KMu0a688/dIVNIDZ9aQqhi9laXjoki1EagyzYEf/XlddKu1/xG7fqhXm02ijhKcA4XcAU+3EAT7qEFAVBg8Ayv8OYI58V5dz6WrRtOMXMGf+B8/gDnBo63</latexit>

Voter

<latexit sha1_base64="3lq0J5Qf2v11aQzMJY4T/rvR7xU=">AAACE3icbVDLSsNAFJ34rPUVdekm2ArioiRF1GXBjcsK9gFNCJPppB07eTBzUykh/+DGX3HjQhG3btz5N07aLGrrgQuHc+7l3nu8mDMJpvmjrayurW9slrbK2zu7e/v6wWFbRokgtEUiHomuhyXlLKQtYMBpNxYUBx6nHW90k/udMRWSReE9TGLqBHgQMp8RDEpy9fOqHWAYMkjHJHNHNqc+YCGix3k5ZQ+jrOrqFbNmTmEsE6sgFVSg6erfdj8iSUBDIBxL2bPMGJwUC2CE06xsJ5LGmIzwgPYUDXFApZNOf8qMU6X0DT8SqkIwpur8RIoDKSeBpzrzS+Wil4v/eb0E/GsnZWGcAA3JbJGfcAMiIw/I6DNBCfCJIpgIpm41yBALTEDFWFYhWIsvL5N2vWZd1i7u6pVGvYijhI7RCTpDFrpCDXSLmqiFCHpCL+gNvWvP2qv2oX3OWle0YuYI/YH29QseaJ+H</latexit>

vck  vcijk

<latexit sha1_base64="EwS9V6QidEr+XSAg8ar57U27xEU=">AAACEnicbVDLSsNAFJ3UV62vqEs3wVbQTUmKqMuCG5cV7AOaECbTSTtk8mDmRikh3+DGX3HjQhG3rtz5N07aLLT1wIXDOfdy7z1ewpkE0/zWKiura+sb1c3a1vbO7p6+f9CTcSoI7ZKYx2LgYUk5i2gXGHA6SATFocdp3wuuC79/T4VkcXQH04Q6IR5HzGcEg5Jc/axhhxgmDLKE5G5gc+oDFiJ++C1nLMgbrl43m+YMxjKxSlJHJTqu/mWPYpKGNALCsZRDy0zAybAARjjNa3YqaYJJgMd0qGiEQyqdbPZSbpwoZWT4sVAVgTFTf09kOJRyGnqqszhULnqF+J83TMG/cjIWJSnQiMwX+Sk3IDaKfIwRE5QAnyqCiWDqVoNMsMAEVIo1FYK1+PIy6bWa1kXz/LZVb7fKOKroCB2jU2ShS9RGN6iDuoigR/SMXtGb9qS9aO/ax7y1opUzh+gPtM8fNDufBw==</latexit>

pck  pcik

<latexit sha1_base64="eYLQjCmO2QLiFCRz2I1n6cd6s6g=">AAACB3icbZBLSwMxFIUz9VXra9SlIMFWcCFlpkh1WRHBZQX7gOlQMmmmDc0kQ5IRhtKdG/+KGxeKuPUvuPPfmGlnodUDgY9z7iXcE8SMKu04X1ZhaXllda24XtrY3NresXf32kokEpMWFkzIboAUYZSTlqaakW4sCYoCRjrB+CrLO/dEKir4nU5j4kdoyGlIMdLG6tuH14zgDOFlokdCUp3CyrhHueeeKr/St8tO1ZkJ/gU3hzLI1ezbn72BwElEuMYMKeW5Tqz9CZKaYkampV6iSIzwGA2JZ5CjiCh/MrtjCo+NM4ChkOZxDWfuz40JipRKo8BMRkiP1GKWmf9lXqLDC39CeZxowvH8ozBhUAuYlQIHVJoWWGoAYdMBxRCPkERYm+pKpgR38eS/0K5V3Xr17LZWbtTzOorgAByBE+CCc9AAN6AJWgCDB/AEXsCr9Wg9W2/W+3y0YOU7++CXrI9vpvKYfA==</latexit>

Election Authority k 2 [1, s]

<latexit sha1_base64="xrHz+bTI1v12RKUrfF15hCmmzWM="></latexit>

If |S| < m, goto Step2a or continue

<latexit sha1_base64="phr036Pm5VksU9wziYKWXsZtZ5I="></latexit>

If pc0 6= pc, goto Step3a or complain

Step2b

Step2d

Step3b

Step3d

<latexit sha1_base64="Nq8rtoCYQgkgVkR4l3W4HBNqh2s="></latexit>

vc0  hashL(vc1, . . . , vcs)

<latexit sha1_base64="c2x0MhxK7JJE9F8XqPirrWxfGv8="></latexit>

pc0  hashL(pc1, . . . , pcs)

<latexit sha1_base64="VKujoOdv8y2hkvLaKPXjXO0OWA0="></latexit>

Extract (QRs, vcs) from VC s

<latexit sha1_base64="IM/Px/OjLwrjQjzcFnWCEenCr4E="></latexit>

Extract (QR, pc) from CC

<latexit sha1_base64="/gyf/UNdC342JFttuYZ/4xJGGj4="></latexit>

bs  qrDecode(QRs)

<latexit sha1_base64="HByk8rOha4WQAObE5/uUs/Tubko="></latexit>

If bs 2 Bik, abort

<latexit sha1_base64="D8cuV0Pdc5nFEfDOokBw/qyaLag="></latexit>

Bik  Bik [ {bs}

<latexit sha1_base64="vryV9kr2vioHz+1CmmflmdAV4Jo="></latexit>

(Û , i, j,�) bs
<latexit sha1_base64="o8Z8iSlhtLnu0E3tXZl39w9KxYU="></latexit>

If Û 6= U , abort

<latexit sha1_base64="ZJgxr9mE9hyAk18jN4BxT74hcMw="></latexit>

(Û , i,�) c
<latexit sha1_base64="o8Z8iSlhtLnu0E3tXZl39w9KxYU="></latexit>

If Û 6= U , abort

Fig. 4: Overview of the election phase: Initialization (Step1), vote casting (Step2),
vote confirmation (Step3).

and their confirmation box Ck. A voter, who has selected voting option s ∈ [1, n]
and is ready to vote, uses the personal device to scan QRs on the voting card,
decode QRs into bs, and send the ballot to the election authorities (Step2a–2b).
If the ballot is valid and fresh, and if the size of the ballot box is less than m and
the vote has not been confirmed yet, it is accepted into the ballot box and the
share of the verification code is returned (Step2c). The voting client assembles
the shares and displays the code to the voter (Step2d). The voter checks the
verification code and then decides to submit further ballots or confirm (Step2e).

The procedure for the vote confirmation is almost identical, i.e., the voter
uses the personal device to scan QR, decode it into c, and send the confirmation
to the election authorities (Step3a–3b). They check its validity and return their
share of the participation code (Step3c). The voting client assembles the shares
and displays the code to the voter (Step3d). Finally, the voter terminates the
vote casting procedure by checking the participation code (Step3e). Note that
the confirmation can be repeated multiple times, possibly on different devices.
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<latexit sha1_base64="nHQly11OxjLZ8tO/CgcfyZ1HYFo=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgqewWqR4rXjxWsB/QLiWbzbahSXZNZgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzgkRwA6777RQ2Nre2d4q7pb39g8Oj8vFJ28SppqxFYxHrbkAME1yxFnAQrJtoRmQgWCcY3839zoRpw2P1CNOE+ZIMFY84JWAl/zaUXNktmkCsB+WKW3UXwOvEy0kF5WgOyl/9MKapZAqoIMb0PDcBPyMaOBVsVuqnhiWEjsmQ9SxVRDLjZ4ujZ/jCKiGOYm1LAV6ovycyIo2ZysB2SgIjs+rNxf+8XgrRjZ9xlaTAFF0uilKBIcbzBHDINaMgppYQqrm9FdMR0YSCzalkQ/BWX14n7VrVq1evHmqVRj2Po4jO0Dm6RB66Rg10j5qohSh6Qs/oFb05E+fFeXc+lq0FJ585RX/gfP4AMKuSWA==</latexit>

Administrator
<latexit sha1_base64="9Mzq5UIKzo8YOWPei/v+Gusyyco="></latexit>

Election Authority ` 6= k
<latexit sha1_base64="eYLQjCmO2QLiFCRz2I1n6cd6s6g=">AAACB3icbZBLSwMxFIUz9VXra9SlIMFWcCFlpkh1WRHBZQX7gOlQMmmmDc0kQ5IRhtKdG/+KGxeKuPUvuPPfmGlnodUDgY9z7iXcE8SMKu04X1ZhaXllda24XtrY3NresXf32kokEpMWFkzIboAUYZSTlqaakW4sCYoCRjrB+CrLO/dEKir4nU5j4kdoyGlIMdLG6tuH14zgDOFlokdCUp3CyrhHueeeKr/St8tO1ZkJ/gU3hzLI1ezbn72BwElEuMYMKeW5Tqz9CZKaYkampV6iSIzwGA2JZ5CjiCh/MrtjCo+NM4ChkOZxDWfuz40JipRKo8BMRkiP1GKWmf9lXqLDC39CeZxowvH8ozBhUAuYlQIHVJoWWGoAYdMBxRCPkERYm+pKpgR38eS/0K5V3Xr17LZWbtTzOorgAByBE+CCc9AAN6AJWgCDB/AEXsCr9Wg9W2/W+3y0YOU7++CXrI9vpvKYfA==</latexit>

Election Authority k 2 [1, s]

Step1
<latexit sha1_base64="MMbH07oNcLrme+KFtPDCEsWz6fE=">AAAB/HicbVDLSsNAFJ3UV62vaJduBlvBhZSkiIqrgiCupIJ9QBrKZDpph05mwsxECKH+ihsXirj1Q9z5N07bLLT1rA7n3Ms99wQxo0o7zrdVWFldW98obpa2tnd29+z9g7YSicSkhQUTshsgRRjlpKWpZqQbS4KigJFOML6e+p1HIhUV/EGnMfEjNOQ0pBhpI/Xt8o2QsEp7lHvu6Z1fhQNx1bcrTs2ZAS4TNycVkKPZt796A4GTiHCNGVLKc51Y+xmSmmJGJqVeokiM8BgNiWcoRxFRfjYLP4HHRhnA0MQIBddwpv7eyFCkVBoFZjJCeqQWvan4n+clOrz0M8rjRBOO54fChEEt4LQJOKCSYM1SQxCW1GSFeIQkwtr0VTIluIsvL5N2veae187u65VGPa+jCA7BETgBLrgADXALmqAFMEjBM3gFb9aT9WK9Wx/z0YKV75TBH1ifPyTUkxs=</latexit>

For i 2 [1, N ] do:
<latexit sha1_base64="T+VOcNAz0udmOzUHQXQRuzzbzok="></latexit>

Bi  [s
k=1Bik

<latexit sha1_base64="U4QSaYXaieeqAEb0S5l81kvcyo4="></latexit>

C  [s
k=1Ck

Step2
<latexit sha1_base64="Q056lUSBwj12Uh5gIF2x2cH5oWY="></latexit>

E  ;

<latexit sha1_base64="oztfmBdmEqsWxVW5UjYbFqqYhSs="></latexit>

Ei  ;

<latexit sha1_base64="zZ4HRjHx3Nf5LNikHPWer2eff4E="></latexit>

For c 2 C do:

<latexit sha1_base64="m0RFYKcxfGDeYCQtPLQv8gXhJNc="></latexit>

For b 2 Bi do:
<latexit sha1_base64="3NR+x8Tit9Tq9adYSOaSljuuGdg="></latexit>

(Û , i, j,�) b

<latexit sha1_base64="ZJgxr9mE9hyAk18jN4BxT74hcMw="></latexit>

(Û , i,�) c
<latexit sha1_base64="cYb9a9/mw1BAWNkv+A2mcqbM9IQ="></latexit>

If (Û=U) ^ Verifyvk(�, (U, i)) = 1, do:

<latexit sha1_base64="tSA9zQ8E6vMa6dPB2sRMEMMknIo="></latexit>

If (Û=U) ^ Verifyvk(�, (U, i, j)) = 1, do:
<latexit sha1_base64="UnciDTIxOnNuGyaG9r41tZ5UWJs="></latexit>

Select ẽij from Ẽ
<latexit sha1_base64="CAGK+TmddoZmuk4gcYvmvPIR5cE="></latexit>

Ei  Ei [ {ẽij}
<latexit sha1_base64="1k6Pgq1j5Ja45Wz8XFu7ZSrWmbo="></latexit>

If |Ei|  m, do:
<latexit sha1_base64="cseUuAxd7xIxEoOsIgB9/ZzYU+I="></latexit>

ẽi  
Q

ẽij2Ei
ẽij

<latexit sha1_base64="D4/rOknzqZgM27K3poDePONu338="></latexit>

E  E [ {ẽi}
<latexit sha1_base64="jhFi9axxuUyQqoYGKGWPI33Ygs4="></latexit>

e sort(E)

<latexit sha1_base64="Ga/sZwZdrOf1tnfQHRbDkY9uEwU="></latexit>

Mix and decrypt e

<latexit sha1_base64="Id7tgwyzXxExOVqtIAOjBRLUVUU="></latexit>

Partial decryptions and decryption proofs

Step3

Step4
<latexit sha1_base64="JxiAVZ3ONYV+nvjiKS6VYpM0bNk="></latexit>

Verify proofs, decode and tally votes

<latexit sha1_base64="bts3lQy7h74Xsmg7FfPtow57qnE="></latexit>

(Bik)N , Ck
<latexit sha1_base64="fVMp55c8CUp5KOj7MXBzI6gTVG4="></latexit>

(Bi`)N , C`

Fig. 5: Overview of the post-election phase: ballot and confirmation box synchro-
nization (Step1), extraction of valid ciphertexts (Step2), mixing and decryption
(Step3), decoding and tallying (Step4).

3.6 Post-Election Phase

At the end of the voting period, the election authorities first need to synchronize
their ballot and confirmation boxes. This step might not be necessary in a normal
protocol run, but there is no general guarantee that all submitted ballots and
confirmations have reached all authorities. In Figure 5, the synchronization takes
place in Step1. To ensure that the resulting sets Bi and C only contain valid
and confirmed votes, it is necessary to verify the included BLS signatures and to
check that the total number of ballots does not exceed m. If this is the case for
the ballots of a given voter, we use the homomorphic property of ElGamal to
merge the included ciphertexts. Therefore, the resulting set E of encrypted votes
contains at most one entry for each voter. To obtain an unambiguous mix-net
input from Step2 of Figure 5, we consider the list e obtained from sorting E.

For the two remaining steps of the post-election phase, space constraints
in Figure 5 do not allow us to give further details. In Step3, the list e of
encrypted votes is mixed in a procedure similar to Step3 from Figure 2, and
the resulting shuffled list ẽ is decrypted in a distributed manner as explained
in Section 2.1. In Step4, the administrator assembles the plaintext votes from
the partial decryptions and obtains the election result from applying Γ−1 to the
plaintext votes. The correctness of the obtained election result is guaranteed by
corresponding non-interactive zero-knowledge proofs πdec

k and πshuffle
k .
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4 Security Discussion

We consider the usual active polynomial-time adversary, who might want to break
vote privacy or manipulate the election result. The adversary may therefore try
to corrupt as many protocol parties as needed, but we assume that the printing
service and at least one election authority remain honest under all circumstances,
i.e., they follow the protocol faithfully and do no disclose any of their secrets to
another party. In this model, our protocol tries to achieve covert security [1, 12],
which means that corrupt parties are only cheating as long as the cheating
remains undetectable and therefore has no consequences. Within this model, we
also assume that voters keep their voting and confirmation cards secret from
vote buyers and coercers, possibly because they fear legal consequences (see
Section 3.2).

Below, we will briefly discuss the security properties of our protocol in the
covert adversary model by giving some informal arguments relative to vote privacy
and vote integrity. Verifiability arguments are the same as in other protocols
based on verification codes.

Vote Privacy: Let the adversary know the assignment of the voting card indices
i to the voters. A first possibility for breaking vote privacy would be to learn
the combined permutation ψi or randomization ri from the pre-election mix-
net, but both ψi and ri are only known to the trusted printing service and
to the trusted group of election authorities (of which at least one is assumed
trustworthy). The second possibility would be to learn the permutation ψ or
randomization r of the post-election mix-net, and the third possibility would
be to learn the aggregated private decryption key dk. In both cases cases, the
necessary secrets are only known to the trusted group of election authorities.

Vote Integrity: For a confirmed ballot bij to appear in the final tally, both
bij and ci it must contain a valid BLS signature. Thus, a first possibility for
ballot stuffing would be to generate extra signatures, but this requires the
aggregated private signing key sk, which is known only to the trusted group
of election authorities (of which at least one is assumed trustworthy). The
second possibility would be to use the unused ballots from abstaining voters,
but these ballots are only known to the trusted printing authority and to
the abstaining voters themselves, who are trusted for keeping corresponding
voting cards secret.

For a submitted and confirmed ballot bij to drop out from the final tally,
there are three possibilities: first, by preventing either bij or ci from reaching
the election authorities (but this would be detected by the voter performing
the cast-as-intended and recorded-as-cast verification), second, by removing
bij or ci from the ballot boxes of all election authorities (which contradicts
the assumption that at least one election authority is honest), and third, by
adding additional ballots to the ballot box of at least one election authority,
such that the total number of ballots exceeds m (this case can be excluded for
the same reasons as ballot stuffing).
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5 Conclusion

The new Internet voting protocol proposed in this paper can be seen as a modern
version of Chaum’s code voting scheme, in which usability concerns have been
solved using the QR code scanning functionality of mobile devices and trust
assumptions have been distributed to a group of election authorities, of which
only one needs to be honest to prevent or detect privacy and integrity attacks.
In this way, we achieve security in the covert adversary model, which is often
sufficient. From the voter’s perspective, the vote casting procedure in referendums
or elections with a small number of candidates is intuitive, efficient, and secure.
Whether this statement still holds for more complex elections is an open question.
Another open issue is the current lack of a formal security proof.
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